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POSTULATIONISM 
 
—A different approach to mathematical objects: we ‘postulate’ them into existence. The 
hope: this apparently radical perspective will help with lots of traditional philosophical 
problems that mathematics has given rise to.  
 

The basic idea is that the starting point from which a body of mathematics develops are 
not basic axioms, or propositions which are held to be true. Rather, the starting point—
the ‘postulate’—are imperatives, or ‘commands’ (to a ‘genie’, it is sometimes 
supposed—although presumably not entirely seriously!).  
 

Thus, there are two forms of basic ‘postulates’. 
 

Firstly, there are ‘simple’ rules, which always have the following form: 
 

 Introduction !x.C(x). 
 

So this says: introduce an object x satisfying condition C(x).  
 

This command is ‘obeyed’ by either introducing a C-object, if there isn’t one already; or 
doing nothing if there is.  
 

E.g.: !x.∀y(x > y). 
 

But there are also ‘complex’ rules, which can be of any of the following forms. 
 

 Composition: if β and γ are rules then so is β;γ. (= ‘do β then do γ’) 
Conditionality: if β is a rule and A is an indicative sentence, then A → β. (= ‘do β 

if A is true; do nothing otherwise’) 
Universality: if β(x) is a rule, then so is ∀xβ(x). (= ‘simultaneously do β(x) for 

each object in the domain x’) Similarly for ∀Fβ(F) where F ranges over 
pluralities.  

Iteration: if β is a rule, then so is β*. (= ‘do β, then do it again, then do it again, 
and again and again…’; i.e., do β n times for any natural number n) 

 
For example… 
 

Arithmetic 
 

 ZERO: !x.Nx 
 SUCCESSOR: ∀x(Nx → !y.(Ny & Syx)) 
 NUMBER: ZERO; SUCCESSOR* 

 

Here we are told that Nx is to be ‘read’ as ‘x is a number’ and Syx is to be ‘read’ as ‘y is 
the successor of x’.  
 

Thus (the idea is) NUMBER, this single (if complex) rule is what the whole of 
arithmetic/number theory is based on.  
 

So we give the ‘command’/postulate NUMBER, and, first, a number comes into 
existence ( = 0), and then a successor of this number comes into existence (= 1), then 
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another, and another, and so on. Resulting ultimately in an ω-sequence of numbers 0, 1, 
2, …, n, …, where each member of the sequence is succeeded by its successor.  
 

Wait—how exactly are we getting this result? Fine says need to assume two things: 
 

(i) we never make ‘internal’ changes to a domain in response to a rule; and 
(ii) economy (don’t do more than is nec.—not sure why this is nec.?). 

 

But of course we are not supposed to know what ‘N’ and ‘S’ mean in advance of giving 
the rule NUMBER. Rather, this rule defines (in some sense) these terms.  
 
Set Theory 
 

 POWER: ∀F!y.(Sy & ∀x(xεy ↔ Fx) 
 SET: POWER* 
 

Gives a set theory where the sets are the first ω levels of the standard iterative hierarchy. 
(For full ZF would need a ‘transfinite’ version of ‘*’, i.e., of ‘iteration’ for rules.)  
 
Fine develops (or tells us that he has developed!) a logic based on these rules.  
 

The idea would be that standard arithmetic can be derived ‘from NUMBER’ in this logic. 
(I.e., math would, in general—or at least this would be the hope—be derived entirely 
from definitions and logic.)  
 

The question, of course, is how, or to what extent this alternative approach to 
‘definitions’ helps with philosophical problems (say, compared to neo-Fregeanism or 
simply laying down standard axiomatic bases as our ‘definitions’).  
 

For example, does it help with the ‘problem of consistency’. —That is, we are 
presumably entitled to lay down a given rule only if its consequences are consistent. E.g., 
cannot lay down !x.Px & ¬Px. Or an extended version of SET (i.e., POWER* but with 
‘indefinite’ iteration of POWER) [?]. 
 

Thus, before we can have mathematical knowledge (one might think) one needs to know 
that the postulates on which this knowledge is based are consistent. But how can one 
know that? (Cannot use standard mathematical proofs, for example—at least not in every 
case.) 
 

Fine’s claim: once we present a mathematical theory ‘postulationally’ it is easy to give 
convincing ‘modal’ demonstrations of consistency.  
 

OK—but what is really doing the work is the fact that have accounts of the mathematical 
domains in question according to which the objects can—at least heuristically—be 
thought of as being constructed. E.g., in both the case of natural numbers and the iterative 
conception of sets.  
 
What about (what Fine calls) the ‘problem of existence’? I.e., the problem of how we 
know that there really are numbers, sets, etc. 
 

Here is how Fine thinks that his approach does help with this problem… 
 

Suppose Fine gives the rule: 
 

 RUSSELL: !y.∀x(x ∈ y ↔ x ∉ x). 
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The object introduced must, on pain of contradiction, by outside of the domain with 
which one began.  
 

It is not hard to see that the addition of this single new object will be perfectly consistent. 
But (one might ask) how do we know that (once we have put RUSSELL forward) there 
really will be an object as desired? I.e., how do we know that such an object really exists?  
 

Fine’s response: what do you mean by ‘exists’?  
 

And the assumption seems to be that sense of ‘exists’ correspond to senses of ‘∃x’.  
 

Thus, of course the question cannot be whether RUSSELL exists in the sense 
corresponding to our initial (pre-postulate) domain.  
 

But, before we have put RUSSELL forward—what other sense of exists is there?  
 

And once we have put RUSSELL forward we can understand a new sense of ‘exists’ in 
terms of this new object—but then of course the object in question exists in that sense.  
 

Opponent (to Fine) must have in mind an ‘intermediate’ sense of ‘exists’, in between 
these two. But Fine claims that it is hard to know what this sense could be.  
 

—Why couldn’t it be the domain consisting of everything that there was before, plus 
anything that RUSSELL has brought into existence? Fine could respond: you’re using 
‘existence’! But it seems that everyone knows what is meant…?  
 
Other issues? 
 

• Temporality 
 

If numbers came into existence when we postulated them, what about claims like ‘if there 
were at least three dinosaurs at time t then there were at least two’? Are we going to have 
to give some complicated paraphrase here?  
 

• Identity conditions 
 

If you put forward (a token of) NUMBER, and I put forward my own token of 
NUMBER, are there two sets of numbers or just one? 
 

Is there some sort of ‘duplicate’ objects ban? What would motivate that?  
 

• Bad company  
 

It seems that it will solve these, won’t it? For example, one can (as long as one starts with 
a finite domain) introduce ‘nuisances’; and one can then introduce numbers. This will not 
lead to a clash since if one does things ‘postulationally’ then only pluralities of objects 
from the ‘pre-nuisance’ era will have nuisances.  
 

The ‘disadvantage’ is that one cannot introduce completely ‘general’ sets; or completely 
‘general’ numbers (perhaps)—but perhaps that is as it should be?  
 

There is surely something to the idea that the right response to bad company objections is 
something like this, no? Still, one might wonder if one really needs the ‘crazy’ bits of the 
view?  
 

Fine might (I guess) respond: but on my view these restrictions are extremely well 
motivated; surely that supports it! Is that a good argument?  


