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GLANZBERG, PROPOSITIONS AND LEITGEB 
 
1. The Glanzbergian Liar 
 

Glanzberg considers a version of the Liar in terms of propositions and expression: 
 

 l: ¬∃p(Exp(l,p) ∧ Tp) 
 

He derives a contradiction using this sentence together with the following principles. 
 

(U-Exp) (Exp(s,p) ∧ Exp(s,q) → p = q) 
(T-Id)  p = q → (Tp ↔ Tq) 
(T-Prop) Exp(s,p) → (Tp ↔ Σ)  (where s names Σ) 
(Exp-Prov) If s is provable from true premises, then ∃p Exp(s,p) 
 

We then get a contradiction as follows.  
 

• Suppose l expresses some proposition q. Then Tq ↔ ¬∃p(Exp(l,p) ∧ Tp) (by (T-
Prop)). Given that Exp(l,q), it follows that ¬Tq (just by logic). 

• It follows that ¬∃p(Exp(l,p) ∧ Tp).  
• But then ∃p Exp(l,p) (by (Exp-Prov)).  
• But then ∃p(Exp(l,p) ∧ Tp) (by (T-Prop) and l).  

 

(Note: (U-Exp) is completely redundant; also (T-Id) is a logical truth so it is not clear 
why Glanzberg marks it out for special treatment—but anyway!)  
 
Glanzberg’s proposed initial conclusion: l first fails to express a proposition, and then 
succeeds in doing so. Both our apparently contradictory conclusions are correct when 
understood to be talking about different contexts.  
 
Although Glanzberg’s particular version of the Liar and particular argument for the claim 
that (in at least some contexts) l fails to express a proposition is his own, the view that 
Liar sentences fail to express a propositions is a very common one. (Cf. Kripke and 
Gaifman, for example.)  
 
One apparent advantage of this claim is that it offers the hope that there might be some 
sense in which the intuitive principles used in the paradox might be correct. Thus, we 
might hope that classical logic still holds for propositions (and for sentences that express 
propositions) and similarly that a version of the truth schema holds for propositions (and 
for sentences that express propositions).  
 
 
2. Liar Propositions 
 
However, these potential advantages would appear to be unattainable if there are Liar 
propositions—i.e., propositions that say of themselves that they are untrue (e.g.).  
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The existence of such propositions would also seem to constitute something of an 
argument against Liar sentences not expressing propositions along the following lines:  
 

• Liar propositions will give rise to paradoxes that would appear very similar to 
those that Liar sentences give rise to, and so one would expect similar solutions. 

• But the claim something fails to express a proposition can form no part of the 
solution in the propositional case—so it seems that it should form no part of the 
solution in the sentential case either.  

 
I want to talk a bit about how hard it seems to be to deny that there are Liar 
propositions—if propositions are ‘structured’ (as on traditional Fregean and Russellian 
accounts, for example).  
 
It might seem that one could deny that there are such propositions—for the following 
reasons.  
 

• We can construct self-referential sentences ‘Jack-style’. But far from clear that 
there can propositions of the form S(p) where p is the proposition in question.  

• One might try to generate self-referential propositions via sentences such as ‘The 
proposition expressed by this sentence is false’. But this will not work if this 
sentence fails to express a proposition.  

 
But actually it seems hard to deny that there are such propositions. To illustrate, suppose 
propositions are Russellian (i.e., constituted by the objects and properties that they are 
about; so, e.g., the proposition that John is tall would have John and the property tallness 
as constituents).  
 
Now, consider a function d as follows:  
 

• for any proposition p, d(p) is the result of replacing all occurrences of the 
proposition 0 = 0 in p with p itself. (If p is 0 = 0, then d(p) = p.) 

 
E.g., if p is ¬0 = 0, then d(p) is ¬¬0 = 0; and if q is T(0 = 0) (i.e., the proposition that 0 = 
0 is true), then d(q) is T(T(0 = 0)). (Suppose that if x is not a proposition, then d(x) = 0.)  
 
Seems completely clear how d works—so hard to deny that such a function exists. But 
this is all we need to generate Liar propositions.  
 
For consider: ¬T(d(¬T(d(0 = 0)))), i.e., the proposition that d(¬T(d(0 = 0))) is not true. 
 

• This proposition says of itself that it is untrue: for it says that d(¬T(d(0 = 0))) is 
untrue;  

• but d(¬T(d(0 = 0))) is ¬T(d(¬T(d(0 = 0)))). 
 
This proposition thus leads to contradiction via familiar reasoning… 
 

By the definition of d: 
 

(1) d(¬T(d(0 = 0))) = ¬T(d(¬T(d(0 = 0)))). 
 

For any proposition p, ¬T(d(p)) is the proposition that d(p) is not true. Thus it would 
seem that ¬T(d(p)) is true iff d(p) is not true. That is: 
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(2) for any proposition p, ¬T(d(p)) is true iff d(p) is not true. 
 

In particular: 
 

(3) ¬T(d(¬T(d(0 = 0)))) is true iff d(¬T(d(0 = 0))) is not true. 
 

But (3) and (1) yield: 
 

(4) ¬T(d(¬T(d(0 = 0)))) is true iff ¬T(d(¬T(d(0 = 0)))) is not true 
 

—which is a contradiction.  
 
This is a bit informal, but one could easily run the same argument in the context of more 
careful account of how exactly propositions are constituted.  
 
Possible objections: 
 

• Functions cannot apply to propositions that contain them. 
 

One could easily also do things in terms of a relation D(x,y) that applies to pairs of 
propositions p and q iff q is the result of replacing all occurrences of 0 = 0 in p with p 
itself. Denying that relations can apply to propositions that contain them is possible but 
will result in a restrictive account. 
 

• Simply denying that d exists? 
 

Just seems so clear how it works! 
 
 
3. Leitgebian Dependence  
 
General idea: identify the sentences that depend only on non-semantic states of affairs; 
give an account of truth that preserves the truth schema for these sentences.  
 
Dependence is defined as follows: 
 

• ϕ depends on Φ iff: for all sets of sentences Ψ1, Ψ2, if ValΨ1(ϕ) ≠ ValΨ2(ϕ) then 
Ψ1∩Φ ≠ Ψ2∩Φ. 

 
To get the sentences that depend only on non-semantic SoAs one first considers the 
sentences that depend on ∅; D-1(∅); then the sentences that depend on those; D-1(D-

1(∅)); and so on. One reaches a fixed point, Φlf.  
 
In a similar way, one builds up the extension of the truth predicate: one starts with ∅; 
then one has the members ϕ of D-1(∅) with Val∅(ϕ) = 1; and so on. Again one will reach 
a fixed point. But the language will not contain its own truth predicate in the most 
obvious way: there will be sentences that are true in this language, e.g., ¬T(λ), that are 
not in the extension of T.  
 
Unlike calling (as in pointer semantics), this notion of dependence is absolute rather than 
relative. Thus, T(‘1 + 1 = 2’) ∨ T(λ) will only depend on sets that contain λ. 
Consequently this sentence will not find its way into the extension of T (although Leitgeb 
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suggests an alternative version of the theory towards the end the paper which has such a 
relative, or conditional, notion of dependence).  
 
Here is one funny result about this notion of dependence. Consider a sentence that says: 
 

(5) At most finitely many members of X are true. 
 

(E.g., ∀y(Subset(y,X) ∧ ∀z ∈ y T(z) → Finite(y)).) 
 
Now consider some infinite subset of X, Y, such that X–Y is finite. (5) will depend on Y. 
But depend is supposed to mean: depend on the members of this set and nothing else.  
 
(How do we get this? Well, we need to show: for any Ψ1, Ψ2, if ValΨ1(5) ≠ ValΨ2(5) then 
Ψ1∩Y ≠ Ψ2∩Y. But suppose ValΨ1(5) ≠ ValΨ2(5). Then the intersection of X with one of 
these sets must be finite, and the intersection of X with the other must be infinite. But 
then the intersection of one of these sets with Y must be finite, and the intersection with 
the other must be infinite. But then Ψ1∩Y ≠ Ψ2∩Y.) 


