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NEO-FREGEANISM II: EKLUND 
 
Starting point of the ‘neo-Fregean programme’: Hume’s principle (HP) logically entails 
(in second-order logic) Peano arithmetic. (‘Frege’s theorem’).  
 

(HP) ∀F∀G(Nx:Fx = Nx:Gx ↔ ‘there is a one-to-one correspondence from F to G’) 
 

I.e., the number of Fs = the number of Gs iff the Fs can be put in one-to-one 
correspondence with the Gs.  
 
1. Maximalism 
 

Neo-Fregeans like Wright (perhaps also ‘fellow travellers’ like Rayo) claim to solve 
certain philosophical problems abstract objects give rise to. (E.g., the worry about how 
we could know anything about these causally isolated objects?) 
 

Eklund argues that their solutions to these problems require something like what he calls 
maximalism: for any purported class of objects Fs, these will exist as long as (a) the 
hypothesis that they exist is consistent; and (b) they don’t fail to exist for ‘empirical 
reasons’.  
 

He then proceeds to raise problems for maximalism (and thus for neo-Fregeanism).  
 

Independently of neo-Fregeanism, maximalism (or something in the ballpark) would 
seem to be an attractive position about abstract objects.  

• I.e., some version of the thought that, as far as abstract objects are concerned, 
consistency entails existence.  

• After all, if consistency does not entail existence—one might worry—how on 
earth can we be sure that our descriptions of abstract objects correspond to 
reality?  

 
What are the problems? ‘Incars’; non-standard mathematical objects. But these don’t yet 
seem so worrying, surely?  
 
2. Incompatible Objects 
 

The real problems come when we consider incompatible objects: e.g., numbers vs 
nuisances.  
 

Wright responded by arguing that numbers should be preferred over nuisances on the 
grounds that the hypothesis that they exist is ‘conservative’ over reasonable theories (i.e., 
doesn’t let us prove things about pre-existing things like zebras); whereas the hypothesis 
that nuisances exist is not so conservative. 
 

But—Eklund argues—this response won’t work for a whole range of variant examples. 
E.g., anti-numbers: objects that are structured just like numbers, but exist iff numbers 
don’t. Neither the hypothesis that there are numbers nor the hypothesis that there are anti-
numbers has untoward consequences for zebras (but each has consequences for the 
other). Doesn’t this show that maximalism is untenable?  
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(Other examples: ‘strong’ atoms; xhearts and xlivers.) 
 
3. More Realistic Examples 
 

3.1. Sets and Functions 
 

In addition to pure sets, we often talk about sets of other things. On this way of thinking 
about sets—it is natural to suppose—we start at the bottom of the iterative hierarchy with 
everything other than sets, and we then at the first stage form sets corresponding to every 
possible collection of these non-sets; and then at the next stage… 
 

But this way of thinking about sets can lead to problems. For example, another sort of 
abstract object that we often talk are functions. Like natural numbers, functions can be 
represented in terms of sets; but it is natural to suppose that these are representations of 
functions and not functions themselves.  
 

Which functions are there? Well, there are clearly limits on which functions there are. 
(The notion of a function will after all give rise to a version of Russell’s paradox: just 
consider the function r that sends a function f to 0 iff f does not send itself to 0; we get r 
sends itself to 0 iff it doesn’t.) But surely we want to say that for every object o, there is a 
function fo whose domain is {o} and which sends o to 0 (say).  
 

This is going to lead to trouble, however. Intuitively, the problem is this: since there will 
be a set U of every non-set, there will be more sets than there are non-sets (since, e.g., the 
powerset of U, i.e., the set of all subsets of U, will be bigger than U). But if for every set 
s there is a unique function fs, there must be at least as many functions—and thus at least 
as many non-sets—as there are sets.  
 

Formally, the problem can be brought out as follows. Let g be a function from U into 
P(U) (i.e., the powerset of U) such that for any x ∈ P(U), g(fx) = x. Now consider the 
following C ∈ P(U): 
 

 C = {u ∈ U: u ∉ g(u)}. 
 

Since g is onto, for some v ∈ U, g(v) = C. But it is easy to see that we then have g ∈ C iff 
g(v) ∉ C.  
 

One way of thinking of what is going on here: it is consistent to think of sets as being 
constructed ‘after’ everything else; and also to think of functions as being so constructed; 
but it is not consistent to think both things!  
 

There are accounts of sets and functions that solve the problem, but this shows that there 
are limits even in natural/realistic cases to the consistency entails existence thought.  
 

(Similar issues can be raise for sets and propositions; perhaps also for functions and 
propositions; sets and properties; etc.)  
 
4. Maximalism Defeated? 
 

Is maximalism (or positions in the ballpark) in as much trouble as Eklund seems to 
suggest? Or is there some such position that is defensible? 
 

To think about this, it is perhaps worth drawing a distinction between pure and impure 
families of abstract objects. The intuitive idea is that a family of abstract objects is pure if 
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one can describe it without mentioning any other objects. I.e., if one can say which 
objects this family contains, and what structure they embody, without mentioning any 
other objects.  
 

Intuitively, the natural numbers (also the rationals and reals?) are pure, because one can 
describe these without mentioning any other objects. Similarly for pure sets (and ‘pure 
functions’ etc.). On the other hand, the family of sets more generally is impure; as is the 
family of functions; etc.  
 

The first point to make is that maximalism about pure abstract objects seems entirely 
defensible—at least for all Eklund has said: 

• it seems perfectly consistent to maintain that if one can give a consistent 
description of a pure family of abstract objects, then that family exists.  

 

The sorts of problems we have been considering arise only when one tries to state which 
objects there are in terms of other objects: 

• nuisance/(HP) case: here we characterize nuisances and numbers in terms of 
quantifiers ranging over everything else; 

• numbers/anti-numbers case: here anti-numbers can only be defined in terms of 
numbers.  

• sets/functions case: these are obviously impure.  
 

(Perhaps (HP) far from solving problems about natural numbers in fact makes them seem 
more problematic than they really are, since it makes them seem impure when they are 
actually pure.)  
 

And, quite generally, it seems clear that pure families of objects will never be 
incompatible: the hypothesis that there is this vast array of self-contained families of 
abstract objects seems obviously to be perfectly consistent.  
 

However, we would like also to be able to talk about impure objects—so what should we 
say about those?  
 

Well, here is one thing we could say. Impure objects (e.g., sets) can be impure with 
respect to every other sort of object, or impure only with respect to some. I.e., one could 
define sets in terms of every other object, or only in terms of some other sorts of objects.  
 

The problems with sets and functions (and similar) come because we allowed sets to be 
impure with respect to functions (among other things), and functions to be impure with 
respect to sets (among other things). Perhaps impurity is OK as long as there are no 
‘impurity loops’ of this sort?  

• E.g., one can start with natural numbers, then define functions that are impure 
with respect to only these; then define sets that are impure with respect to only 
these two families of objects; and so on.  

 

What about anti-numbers: here we have no impurity loops? 
• Well, on this view all pure objects would exist; 
• there would be no objection to anti-numbers being so defined; 
• we would just say that they don’t exist (given that numbers do).  

 

Would there be any maximally impure objects—e.g., sets or functions as thought about in 
§3.1? Well, maybe, but any choice would seem to be arbitrary; and so we certainly 
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shouldn’t make any assumptions about which such objects there are; and perhaps we 
should expect there not to be any such maximally impure objects? 


