
 Propositions, Truth and Paradox  
PHIL 428/628, Week 6: Feb. 23 2016 

 
THE REVISION THEORY OF TRUTH 
 
1. The Basic Idea 
 

The meaning of the truth predicate, or the concept of truth, enables us to determine 
whether it applies to a given sentence, provided that we know the semantic values of the 
names, predicates and function symbols in the sentence (i.e., their denotations and 
extensions).  
 

Given a sentence that does not itself contain the truth predicate, this meaning will thus 
allow us to determine whether or not the truth predicate applies to this sentence. But it 
may not yield a definitive answer if the sentence itself contains the truth predicate. All 
this meaning will allow us to do is to go from any ‘hypothetical’ extension for the truth 
predicate to a ‘revised’ one. In this sense, the meaning of the truth predicate does not 
determine an extension, but rather corresponds to a ‘revision rule’.  
 

On this view, sentences that contain the truth predicate will not in general be true or false 
simpliciter, rather they will true relative to some hypothetical extensions and false 
relative to others.  
 

But what does one do with such a language? E.g., under what circumstances does one 
assert one of its sentences? It is to answer this question that Gupta introduces and studies 
‘revision sequences’. That is, sequences that start with a given hypothetical extension for 
the truth predicates, and gradually improve it step by step. And also the notions of ‘stable 
truth’ and ‘stable falsity’: the idea is that one may assert a sentence iff it is ‘stably true’; 
i.e., eventually true in all revision sequences.  
 
2. Revision Sequences and Stability 
 

As usual we start with some initial classically interpreted language L  = 〈L,M〉 (M = 
〈D,I〉). 
 

The new 1-place predicate letter T is added to L, giving an extended language ℒ.  
 

T is assigned as its meaning the revision rule τM: 
 

 τM sends a hypothetical extension X to the set of sentences of ℒ true in M+X, 
 

where M+X is the classical interpretation that extends M by assigning T the extension X.  
 
How exactly to define ‘revision sequences’, and thus the notion of ‘stable truth’? These 
will be sequences of the form {Yα: α ∈ On} (where On is the class of ordinals). Y0 will 
be the hypothetical extension that one starts with; and Yβ+1 will be τM(Yβ). But what 
should one say about limit ordinals?  
 

It seems clear that we should say (for any limit ordinal β and sentence A): 
 

• if there is some γ < β, such that for any δ with γ < δ < β, A ∈ Yδ, then A ∈ Yβ; and 
• if there is some γ < β, such that for any δ with γ < δ < β, A ∉ Yδ, then A ∉ Yβ.  

 

But what if neither of these conditions obtains?  
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Gupta’s answer in the 1982 paper is that one should be guided by the original 
hypothetical extension: i.e., for such sentences A, A ∈ Yβ iff A ∈ Y0.  
 

This has the advantage that the whole sequence is determined by the first member, but it 
also seems somewhat arbitrary and unmotivated. 
 

A simpler answer would seem to be let anything happen with respect to such sentences at 
limit stages. (This is one of the answers that Gupta and Belnap favour in their 1993 
book.) So we would have the following definition. 
 

A revision sequence is a sequence {Yα: α ∈ On} of subsets of D such that: 
 

 for any α, Yα+1 = τM(Yα); and 
 for any limit ordinal β, and any e ∈ D: 

if there is some γ < β such that for any δ with γ < δ < β, e ∈ Yλ, then e ∈ 
Dβ; and 
if there is some γ < β such that for any δ with γ < δ < β, e ∉ Yλ, then e ∉ 
Dβ. 

 

Let {Yα: α ∈ On} be a revision sequence, and let A be a sentence. 
 

• A is stably true in {Yα: α ∈ On} if there is some β ∈ On, such that for any γ > β, 
A ∈ Yγ.  

• A is stably false in {Yα: α ∈ On} if there is some β ∈ On, such that for any γ > β, 
A ∉ Yγ. 

• A is unstable in {Yα: α ∈ On} if it is neither stably true nor stably false in {Yα: α 
∈ On}. 

 

• A sentence A is stably true in M if it is stably true in all revision sequences. 
• A sentence A is stably false in M if it is stably false in all revision sequences. 
• A sentence A is unstable in M if it is neither stably true nor stably false. 
 

• A sentence A is paradoxical in M if it is neither stably true nor stably false in any 
revision sequence {Yα: α ∈ On}. 

 
 
3. Examples 
 

(i) If A is a sentence of L , then A is stably true iff A is true in L , and stably false iff A is 
false in L . 
 
(ii) A truth teller B = T(c), where c denotes B. 
 

For any revision sequence {Yα: α ∈ On}, B is stably true in {Yα: α ∈ On} if B ∈ Y0, and 
stably false in {Yα: α ∈ On} if B ∈ Y0. 
 

Thus B is unstable in M, but not paradoxical in M. 
 
(iii) A Liar sentence C = ~T(e), where e denotes C. 
 

For any revision sequence {Yα: α ∈ On}, C is unstable in {Yα: α ∈ On}. 
 

Thus C is paradoxical in M.  
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One will also get the intuitively correct judgments concerning Watergate-type examples.  
 
(iv) Logical truths. If E is a classical logical truth, then for any revision sequence {Yα: α 
∈ On}, E is stably true in {Yα: α ∈ On}. 
 

So E is stably true in M.  
 
(v) ‘Gupta’s Puzzle’.  
 

A says: 
 

(a1) Two plus two is three. (false) 
(a2) Snow is always black. (false) 
(a3) Everything B says is true. (——) 
(a4) Ten is a prime number. (false) 
(a5) Something B says is not true. (——) 
 

B says: 
 

(b1) One plus one is two. (true) 
(b2) My name is B. (true) 
(b3) Snow is sometimes white. (true) 
(b4) At most one thing A says is true. (——) 
 
It seems intuitively correct to reason: A contradicts himself by asserting (a3) and (a5), so 
they cannot both be true. And, since everything else he says is false, it follows that at 
most one of A’s assertions is true. So (b4) is true. Hence (a3) is true and (a5) is false. 
 
Kripke’s (strong Kleene, least fixed point) theory does not give the right result here.  
 

On this theory, (b4) will not become either true or false in the sequence of partially 
interpreted languages ℒαs, unless at least four of (a1–a5) have already become true or 
false. This thus requires one of (a3) or (a5) to have become true or false, which in turn 
requires (b4) to have already become true or false.  
 
In contrast, the revision theory gives the right result. 
 

To see this, let {Yα: α ∈ On} be a revision sequence (and consider formalizations of (a1–
a5), (b1–b4)). 
 

• (a1), (a2) and (a4) are false in M + Y0 (whatever Y0 is). 
• So (a1), (a2), (a4) ∉ Y1. 
• Also, exactly one of (a3) and (a5) is true in M + Y0, and one false in M + Y0 

(again, whatever Y0 is). 
• So exactly one of (a3) and (a5) is in Y1, and the other is not. 
• So exactly one of (a1–a5) will be in Y1, and (b4) will be true in M + Y1.  
• Then (b4) ∈ Y2 (similarly (b4) ∈ Yn+2 for any natural number n). 
• So (a3) is true in M + Y2, and (a3) ∈ Y3, and (a5) is false in M + Y2, and (a5) ∉ 

Y3. 
• Similarly (a3) ∈ Yn+3, and (a5) ∉ Yn+3, for any natural number n. 
• Thus, for any m ≥ 3, (b1–b4), (a3) ∈ Ym, and (a1), (a2), (a4), (a5) ∉ Ym.  



 4 

• Similarly, for any α ≥ ω, (b1–b4), (a3) ∈ Yα, and (a1), (a2), (a4), (a5) ∉ Yα. 
 

Thus (b1–b4), (a3) are stably true in {Yα: α ∈ On}—and stably true in M—and (a1), (a2), 
(a4), (a5) are stably false in {Yα: α ∈ On}—and stably false in M—as desired.  
 
 
4. Limitations 
 

4.1. Exclusion Negation 
 

Recall the problems for Kripke’s theory posed by exclusion negation.  
 

The revision theory has no difficulty with exclusion negation, or with Liar sentences that 
contain it.  
 
4.2. Comparison with Kripke 
 

Kripke’s theory yields a three-way classification of the sentences of the language: true, 
false, neither.  
 
The revision theory also yields a three-way classification: stably true in M, stably false in 
M, unstable in M.  
 
In each case, the first class contains those sentences one may assert, the second class 
those whose negations one may assert, and the third class those that are such that one 
may assert neither they nor their negation.  
 
In the case of Kripke’s theory, we saw that the language cannot contain a predicate that 
applies to precisely the sentences that are not assertible—the sentences that do not belong 
to the first class. 
 
Can the revision give a satisfactory treatment of stable truth, or is the ghost of the Tarski 
hierarchy still with us?  
 
Thus consider the sentence ‘This sentence is not stably true’. If this is stably true, then it 
sentence belongs in the extension of ‘stably true’ and so should not be in the extension of 
truth from any starting point. But then it is not stably true. But in that case it does not 
belong in the extension of ‘stably true’ and so it should end up in the extension of truth 
given any starting point. But then it is stably true after all!  
 
One response is of course to say that you can only talk about stable truth in a 
metalanguage. Is there any alternative to this? 
 
Gupta briefly suggests taking a revision theoretic approach to stable truth. Thus, we 
would presumably have revision sequences for stable truth, and the ‘stable truth Liar’ 
would behave like a Liar sentence.  
 
But is there not a clear sense in which the stable truth Liar is not stably true? Isn’t this a 
sense that cannot be expressed in the object language?  


