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NEO-FREGEANISM I 
 

1. Neo-Fregeanism: The Basic Idea 
 

Starting point of the ‘neo-Fregean programme’ is the realization that although Frege’s 
attempt to derive arithmetic (and mathematics more generally) from logic failed (because 
of the inconsistency of Basic Law V) he did—in effect—show that the whole of 
‘standard’ (i.e., Peano) arithmetic could be derived from (what has become known as) 
Hume’s principle: 
 

(HP) ∀F∀G(Nx:Fx = Nx:Gx ↔ ‘there is a one-to-one correspondence from F to G’) 
 

I.e., the number of Fs = the number of Gs iff the Fs can be put in one-to-one 
correspondence with the Gs.  
 

It is easy enough to see, e.g., how (HP) is sufficient to generate infinitely many numbers. 
(But note that it generates infinite as well as finite numbers.) The result that (HP) suffices 
for Peano arithmetic, in second-order logic, has become known as Frege’s theorem.) 
 

Why think that Frege’s theorem has any particular philosophical significance?  
 

Frege rejected (HP) as a definition of number because of the ‘Julius Caesar problem’. 
Essentially, (HP) tells us when sentences of the form Nx:Fx = Nx:Gx are true; but it does 
not tell us when sentences in which only one of the terms is such a number term are true. 
E.g., Nx: x ≠ x = Julius Caesar.  
 

But Wright’s response to this concern: at worst a problem of ‘insufficiency’, not 
incorrectness. So maybe we can regard (HP) as a ‘partial definition’ of number?  
 

And in that case Frege’s theorem would show that Peano arithmetic (‘the fundamental 
laws of arithmetic’) is a logical consequence of a definition. —Isn’t that a variety of 
logicism? (I.e., a variety of the view that mathematics is part of logic.) 
 

We do not get logicism in the sense that every truth of arithmetic can be transformed, 
using nothing but definitions, into a truth of logic. E.g., we get this in the case of Nx x ≠ 
x = Nx: x ≠ x; but not in the case of ∃y(y = Nx: x ≠ x).  
 

Perhaps (Wright wonders) we could say that the latter is a truth of logic in virtue of the 
fact that it is a logical consequence of the former? But apparent problem: can it really be 
true as a matter of pure logic that there are infinitely many things??  
 

There seems to be a dilemma here: either treat the former sentence as merely another way 
of saying that there is a one-to-one correspondence from x ≠ x to itself; but then how do 
we get to the second sentence? Or think that the first sentence already says that there are 
these things numbers, but how can this be reasonably stipulated to be equivalent to a 
second-order logical truth?  
 
2. Reconceptualization 
 

Wright suggests that the solution to this dilemma is the notion of ‘reconceptualization’, 
which Frege in effect introduces in connection with the ‘abstraction principle’ for 
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directions (which says that the direction of one line = the direct for another line iff the 
two lines are parallel).  
 

The idea is that talking about directions is just a different way of talking about exactly the 
same state of affairs that we are talking about when we talk about lines being parallel (we 
simply ‘carve up’ the content differently, as Frege puts it).  
 

To put it another way: there is no ‘gap’ between existence of directions and the fact that 
certain lines are parallel with others, etc.  
 

As Wright says: if this idea can be made to work, then it would seem to solve many 
extremely difficult problems about abstract objects (e.g., epistemological concerns 
inspired by their causal inaccessibility).  
 

The idea would then be that (HP) is—if not a strict definition—an acceptable way of 
introducing a concept, and thus that it can be thought of as analytic. Further, (HP) uses 
only logical terms on its right-hand-side. Thus we get a form of logicism?  
 
3. Bad Company 
 

Problem: what about Frege’s Basic Law V? Can all of the above claims about (HP) be 
reconciled with the problems with (V)?  
 

Wright seems to suggest that we shouldn’t be too worried by this particular objection: 
couldn’t all of his claims about (HP) hold for ‘good’ abstraction principles, even if there 
are some ‘bad’ (e.g., inconsistent) ones?  
 

But Wright accepts that other instances of this general type of objection are more 
troubling. Thus, consider his example of ‘nuisances’: two concepts share a nuisance iff 
they differ on only finitely many objects. This (he shows) is possible only if the domain 
is finite.  
 

But then that means that (HP) and the nuisance abstraction principle cannot both be right! 
 

Wright’s response: the nuisance principle is rejectable because it is not conservative; it 
entails, for example, that there are only finitely many zebras.  
 
Another sort of bad company worry… (from Kit Fine, I think).  
 

For any concept, F, it is consistent and conservative to add an extension just for F, giving 
every concept not coextensive with F the same extension. 
 

(VF) ∀X∀Y(extF(X) = extF(Y) ↔ X and Y are both coextensive with F or neither is). 
 

This introduces just two new objects—‘F-extensions’. (VF) is consistent and 
conservative, and apparently completely unobjectionable. 
 

But, now, the idea behind the neo-Fregean programme—the idea behind the approach to 
(HP), e.g.—is that the abstract objects introduced by different abstraction principles are 
distinct sorts of thing. (Right? Or so one would have thought?) 
 

The idea is very much not that by laying down (HP) one ensures that there are numbers, 
but that these might be identical to (e.g.) abstract objects already introduced or (even 
worse) concrete objects (like Julius Caesar).  
 

So, in line with this, the F-extensions should distinct from other abstract objects. 
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But here F was arbitrary, so the upshot is that for any concept, F, there is a distinct object 
(or a distinct pair of objects, in fact).  
 

That is, there is a 1-1 function from concepts to objects, sending any concept F to extF(F). 
 

(But this way disaster lies… Consider the concept, R, applying to just those objects of the 
form extF(F), where F does not itself apply to extF(F). Then R applies to extR(R) iff it 
does not.) 
 

So each abstraction principle (VF) seems unobjectionable, but the totality of them leads 
to disaster. What does the neo-Fregean say here? 
 


