
Propositions, Truth and Paradox  
PHIL 428/628, Week 1: Jan. 19 2016 

 
Class mainly about truth, paradoxes it is susceptible, and important work responding to 
these paradoxes.  
 
1. Paradoxes 
 

Simplest is the Liar, resulting from sentences such as ‘This sentence is not true’ (or ‘This 
sentence is false’).  
 

• If this sentence is true, then what it says must be the case; but what it says is that 
it isn’t true. So it isn’t true. But in that case what it says is the case and so it’s 
true. So it’s both true and not true—contradiction. 

 

Slightly more carefully: use T(x) to mean ‘x is true’, and let the name c denote ¬T(c). 
Now, it seems that truth satisfies the following schema (for any sentence A): 
 

(T) T(‘A’) ↔ A 
 

E.g., T(‘1 + 1 = 2’) ↔ 1 + 1 = 2, etc. 
 

In particular: 
 

(1) T(‘¬T(c)’) ↔ ¬T(c) 
 

However, since ‘¬T(c)’ and c are names of the same thing, we can substitute one for 
other, giving: 
 

(2) T(c) ↔ ¬T(c) 
 

But from (2) we seem to be able to get both T(c) and ¬T(c) (we certainly can get this in 
standard, classical logic).  
 

• Suppose T(c). Then we have ¬T(c) (by (2)). So T(c) cannot be case. I.e., we have 
¬T(c). But then we also have T(c) (by (2)). 

 

And truth is susceptible to a whole range of similar paradoxes.  
 

• Suppose a names ¬T(d) and d names T(a).  
• Suppose that today Smith says ‘Everything Jones says today is true’ and Jones 

says ‘Everything Smith says today is not true’, and neither says anything else 
today.  

• Consider the sentence ‘If this sentence is true, then England will win the world 
cup’. (‘Curry’s paradox.) 

• Or consider the sentences: 
(S1) For some n > 1, (Sn) is not true. 
(S2) For some n > 2, (Sn) is not true. 
! ! 
(‘Yablo’s paradox’.) 

• And so on! 
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2. Responses? 
 

How should we respond to these paradoxes? 
 

We will start (next week) by looking at the ‘classic’ response proposed by Tarski in the 
1930s.  
 

This response is to replace the single notion of truth T(x) with a hierarchy of notions: 
 

• T0(x) apply to sentences that are true and not themselves about truth. E.g., ‘7 + 5 
= 12’, ‘snow is white’, etc.; but not T0(‘7 + 5 = 12’) or ∃xT0(x).  

• To talk about sentences that are themselves about truth one needs another notion 
T1(x): applying to sentences that are true and either not about truth at all, or only 
about truth in the sense of T0(x). E.g., T1(x) would apply to all the sentences that 
T0(x) applies to; but also T0(‘7 + 5 = 12’) and ∃xT0(x). It would not however 
apply to T1(‘T0(‘7 + 5 = 12’)’) or ∃xT1(x).  

• For that one needs yet another notion T2(x), and so on—with a notion Tn(x) for 
each natural number n (and perhaps even beyond).  

 

This move would seem to block the paradoxes: 
 

• For suppose for example that one tries to reintroduce the Liar by considering a 
sentence ¬Tn(b), where b denotes this very sentence. 

• Since Tn(x) cannot apply to sentences that contain Tn, one has ¬Tn(b). 
• It follows that this sentence is true in some sense. 
• But on this approach it will only be true in the sense of Tm(x) for m > n, and the 

paradox dissolves. (One ends up with ¬Tn(b) and Tm(b): but that is perfectly 
consistent.) 

• To put it another way, on this approach one will have only limited versions of the 
scheme (T). 

• In particular, one will have Tn(‘A’) ↔ A for sentences A that do not contain Tm 
for m ≥ n; but one will not have this for sentences generally. (And in particular 
one would not have it for our sentence ¬Tn(b).) 

• Similarly in the case of the other paradoxes. 
 
So this seems like a simple, natural response; and it blocks the paradoxes. What’s not to 
like?  
 
One issue is that although there are some cases where the notion of truth ‘self-applies’—
i.e., applies to sentences that contain the notion of truth itself—there seem to be many 
others that are completely straightforward. E.g., suppose Smith says ‘Something Jones 
says today is true’, and also ‘Snow is white’ (but nothing else); and Jones says 
‘Something Smith says today is true’ (and nothing else). It seems that all three utterances 
are straightforwardly true—but cannot have sentences with this structure on the Tarskian 
approach.  
 
Another issue is that it is commonly agreed that one of the points of the notion of truth is 
that it allows us to express generalizations.  
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• Thus one might naturally want to assert not merely ‘Snow is white or it is not the 
case that snow is white’, ‘Grass is green or it is not the case that grass is green’; 
one might rather want to assert the general claim that entails all of these. 

• Truth allows us to do this: ‘Every instance of the law of excluded middle is true’. 
• Similarly, it allows one to assert not merely ‘If the pope says ‘Snow is white’, 

then snow is white’, ‘If the pope says ‘Grass is green’, then grass is green’; but 
also the general claim that entails all of these. I.e., ‘Everything the pope says is 
true’.  

 

On the Tarskian response, however, there is something not entirely satisfactory about 
adding a truth predicate to one’s language. 
 

• Because if one starts with a certain language, one can add a truth predicate to that 
language, say T0(x).  

• This will allow one to assert a generalization that entails every instance of the law 
of excluded middle in one’s original language. 

• I.e., ‘For all x, if x is an instance of LEM of the original language, then T0(x)’. 
• Of course, one can also express the claim: ‘For all x, if x is an instance of LEM 

(simpliciter!), then T0(x)’. But this will be false! 
• One cannot use T0(x) to express a true claim that does what one wants: entails all 

instances of LEM in one’s current language. 
• Similarly, one can assert ‘Every sentence of the original language the pope asserts 

is T0’.  
• But this will not do what one really wants! 
• In each case what one really wants to do is to assert a claim that at least covers all 

sentences of one’s current language (one may also want to express a claim that 
covers all sentences of any language).  

 

Similarly, in philosophy one would like to assert general claims such as ‘No sentence is 
both true and false’ or ‘Anything that is correctly asserted is true’, etc. But on a Tarskian 
approach it doesn’t seem that one can assert anything like this.  
 

Thus, one philosophical question that Tarski’s approach raises is: 
 

• Can we express these sorts of general claims about the whole of our current 
language? 

 

Or: 
 

• Are there limits on when we can express such general claims about our current 
language, and if so what are they? 

 

Tarski’s approach seems to give pretty draconian answers to these questions.  
 
However, the more recent work on truth that we will look at consists of attempts to give 
much less draconian answers. I.e., accounts of truth that allow languages to contain their 
own truth predicates. These are interesting for all sorts of reasons, but one specific reason 
is that they allow us to explore deeply the questions about generalizations just mentioned.  
 
The account that we will look at in two weeks is in many ways the most famous: 
Kripke’s. (Although it was to some extent independently discovered by Martin and 
Woodruff.)  
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We will of course look much more deeply at this approach when we read Kripke. But the 
basic idea is to move away from classical semantics in something like the following way.  
 
Thus, in classical semantics (i.e., the semantics for formal languages that one learns in 
standard logic courses) predicate letters are assigned sets (i.e., extensions) as their 
semantic values. And so a sentence of the form T(a) will be true iff the denotation of a is 
in the extension of T. Similarly, ¬T(a) will be true iff this is not the case. I.e., iff the 
denotation of a is not in this extension.  
 
It is (to say the least!) pretty hard to see how within this framework a language could 
contain its own truth predicate T(x)—at least, as long as one has something like a name c 
denoting ¬T(c); or a predicate ϕ applying precisely to ∀x(ϕ(x) → ¬T(x)); or something 
like that. (And we will discuss this sort of thing properly in future weeks, but it seems 
that only uninterestingly restrictive languages will not have something like that.) So 
suppose the language we are considering has a name c denoting ¬T(c). Then T cannot be 
a truth predicate for the language: because ¬T(c) will be true iff it is not in the extension 
of T. And it cannot also be the case that the extension of T contains precisely the true 
sentences, since then we would have ¬T(c) is true iff it is not.  
 
On the other hand Kripke allows the truth predicate to have not an extension as its 
semantic value, but rather a pair of disjoint sets—an extension and an anti-extension. The 
idea is that a sentence T(a) will be true if the denotation of a is in the extension, false if it 
is in the anti-extension, and neither otherwise. Similarly, ¬T(a) will be true if T(a) is 
false, false if T(a) is true, and neither if T(a) is itself neither. Equivalently, true if the 
denotation of a is in the anti-extension, false if it is in extension, and neither if it is in 
neither.  
 
This then opens the way to languages containing their own truth predicates. In particular, 
we can have the situation where T has as its extension precisely the true sentences of the 
language; and its anti-extension precisely the false ones. Of course, if c denotes ¬T(c) 
then we would get a contradiction if ¬T(c) was either true or false:  
 

Unpacking the truth-conditions for ¬T(c) using the fact that T is a truth predicate gives: it 
is true iff it is in the anti-extension of T iff it is false. 
 

Unpacking falsity-conditions gives: it is false iff it is in the extension of T iff it is true. 
 

So we cannot consistently assume sentence is either true or false.  
 

However, unpacking neither-true-nor-false conditions gives: it is neither true nor false iff 
it is in neither extension nor anti-extension iff it is neither true nor false.  
 

So this sentence can have a perfectly straightforward status.  
 

This is just the basic idea, of course. (What are the answers to the questions about 
generalizations if this approach is correct?) 
 

In the first part of the class we will look at a variety of approaches to truth, all aiming to 
give accounts of languages that contain their own truth predicates, and so to an extent 
vindicating the hope that we are not limited in the way Tarski’s approach suggested! 


